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@ Graph
@ Initial condition — Ag ~ &), 5> Bernoulli(q)
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@ Graph
@ Initial condition

@ Update family - finite collection I/ of finite subsets of Z2 \ {0}
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@ Graph
@ Initial condition

@ Update family
@ Bootstrap dynamics — for t € N

A1 = ArU{x € Z?: U € U,x + {{ C As}
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Percolation event — [A] = Z?
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@ Graph
Initial condition

Update family

Bootstrap dynamics
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@ Closure
@ Percolation event
°

Critical probability —

de = sup{q € [0,1] : P4(0 & [A]) > 0}
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2-neighbour [Chalupa-Leath-Reich'79]
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U ={{(1,0), (0, 1)}}:
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U=1{{(1,0),(0,1)}}:
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U=1{{(1,0),(0,1)}}:
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Infection time 75 = 5.
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Spiral [Toninelli-Biroli-Fisher'07]
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Definition
A direction u € St is unstable if [H,] = Z?, where
H, = {x € Z? : (x,u) < 0} is the half-plane directed by u.
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Definition

A direction u € St is unstable if [H,] = Z?, where

H, = {x € Z? : (x,u) < 0} is the half-plane directed by v.
It is stable otherwise, i.e. if [H,] = H,.
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OoP

Spiral

2-neighbour
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Definition
An update family U is subcritical if every semicircle contains
infinitely many stable directions.

OoP

Spiral
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Definition

An update family U is subcritical if every semicircle contains
infinitely many stable directions.

Theorem (Balister—Bollobas—Przykucki-Smith'16)

An update family U is subcritical iff g. > 0.
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Definition

An update family U/ is subcritical if every semicircle contains
infinitely many stable directions.

Theorem (Balister—Bollobas—Przykucki-Smith'16)

An update family U is subcritical iff g > 0.
Moreover, q. = 1 iff all directions are stable.
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Definition

An update family U is subcritical if every semicircle contains
infinitely many stable directions.

Theorem (Balister—Bollobas—Przykucki-Smith'16)

An update family U is subcritical iff g. > 0.
Moreover, q. = 1 iff all directions are stable.

In this talk we study_non-trivial subcritical models, that is

gc € (0,1).

Ivailo Hartarsky Subcritical bootstrap percolation



™\
C |
1l e — \|/
! N S>+—T) P w\/\
. V| |3
=~ -
\ AN a)
] <% jb)
D S
yAa A -
J / L h)
" _— el A
A\ \{/ d ™~ = ~—_ Q)
N elc - g
.A AN 4: - -
T \ QY Py T TN S \
= f . \Y
il 1 N - L
- ﬁ/\ —1 ) 7
= = — =
al -1 ) o .
ya ) y N\ | <
L, AN T =1 | J o RSN
R S e AL L P A e =
> J 4
~ c \.J | R . H 7/ N // Q\ -
T 5 1) N — /\A NN ﬁnW
n.n K EEAS v 2 q T B A”IJ \ < = Iﬂ/
W_ N A AR = T In
LV Sa vl — B 7 L+ -, |‘r
O D ! / N AW — L mg
&N, ) T~ T . \ ) _
s M D S , — 4% » /LLWI\ =4 ‘
SN (RN NN A i MB
) B nV.M\\ > N | i S
> s — r\i\ - ¢ A +
iy ~ _ &z — —
\ S “ \ O . ~ =
T _ I B —
— & ]
N -5 <) ( / O > of
L ~_ NN L < | =0 S \ .
_ b | ST > O ECINTECAEEC
N = - TR v T ~
for . ()—1© _




<
aY
4 =
ST o
B o—" <
i 5
) N\
= ¥
ﬁJ .
— ===
‘ >, J,\ 2 |
14 — 1 V
= &
= {
< = L 5],
e LT
— IM ,,
U
Q) V]
A\
K RS
) (>
— |
- -
Up O IHJ
,_ S J
: : :
< _ \ — (1Y
~ | S e .
s
\\/ — < U/V f
\ =Y
) (3
N ﬁU




T 17
l\\IAJ
- )
J
S T
i J
O ]
Al p
Ak S
Y
6 p—— > <
o SEREEL
D — V/
U. ) @
5
S ~
D)
| \
\’.! o
- _—
C e ~) /]
Ly s
C A N /, > -
™ (
~ N
L
— LT
1 | J L T D
S FNJIL
@) C ~ — = )
i /
i et ! / 1\
R /] (G \W, ,
= Q — ) < /
L — ) ——_
(""" O\ &= —~ T |
| — <
. g Y
“ — f—
. & — - r
Lo E
() i -ﬂ.u S




YN
H

/| —
ol _ , ya
S ! X -
)
@ =Y
)/ -
\ > e
\l//, _ AU a >0 ~
L / = (-
) _ D
I .
s — T o
T 0D | )
ES) o —
s
N — SN
s 7=
Jd = X y /A./
4 R D
3 )
ﬂwl\.ﬂ: 7 ’
i) M <
Ve J )
] <
| C. . <
e < |75 -
\C ﬁ/.u ht 0
|
N Y= r\.\\
L % ,
Ve e —
\ 4 J l//l\
g T
\ Q ~~




f — | \ \r\\ /D
| - l A\ (LN AN
QRIS RGNS NSRRI TR YA IRV BRI A SHVL
|
~ /\|
1 A >\
U C N
i |
v /
/
N /
N
//( >&\/ % /
X & A r
/ / /A
/| / ) 1
/| - /|
A ) / A
N/ A /
NV /
NEEN1EN 4 N
\ / N
e
/
%
.
.—-—[. ('\\ N\ ! N \\,__ N
\.v’\ ) M AN\ 1 | 0| J\r) nSHIL0O N U2 Xl LT
[ (A=
4110 |
A NN
/ / ay
/ 4 // ya
DAY NG/
ayd Il 1] LT
o A / '
D A\
C N\ / j // v 7
A A
N
NV




/ ™
Anny Al
T L oOnd [ W[50 VY
i
o R P A S| Cplg [1ew(>
/’\./
9 O -
/1 C /I C
/ / -
» T
\ N
\
®
‘Y/T > i!/\\
r —
[f\\//\ E
A
%
0 )y
o K7
) AN D
V. aD Ay, / BN
e For O
///
/1 /
/| )4




AR \ IR N/ARE
) N ACNUNA AN [ pou ague L. Slep D9hia
i A\
1t 11 D
~ | N — K
|
o P ANTPI(
yd SN
/1 il C
4 7
/
o
( (L 1\ / \ 0
- AN V) | W~ I/ ora i\ [N e U
T
//
\ 4
N\ /




